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1. Introduction. In this paper an estimate in terms of the sup-norm for
solutions of arbitrary order linear elliptic equations is obtained. In this way
we generalize a result stated in W. Xie’s paper [3] concerning functions with
L%-Laplacians and zero boundary values on three-dimensional domains. The
main results of this paper depend on the asymptotic properties of iterated
Green’s functions associated with the given elliptic boundary value problem.
They have been studied in the author’s paper [2].

2. Notations and assumptions. Throughout this paper we shall use

the following notation: for any point = (z1,...,2,) in the Euclidean space
R* (n2>1),
1
lz| == (212 + -+ + 2,0)3.
For an index or exponent p = (p1,...,p,) whose components are nonnegative
integers,

[Pl i= Pyt oot puy 2P 1= 2l . atn,

DP .— DPI DPn — alpl
At ™ T

Let 2 denote an open bounded set in the space R™ with the closure
and boundary 0. We assume that Q has the ordinary cone property (for
definition see, e.g., [1], p. 11). We shall consider real function spaces only.
D(Q2) denotes the set of C°-functions having compact supports contained in
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2, L*(2) - the Hilbert space of square-integrable functions on € with respect
to the Lebesgue measure, endowed with the scalar product

(u,0) 1= /ﬂ w(z)v(z) de

and the norm .
lull == (u,u)?.

Hi(Q) (where j = 0,1,2,...) stands for the j-th-order Sobolev space, i.e., the
space of functions which together with their derivatives (in the distribution
sense) up to the j-th order belong to L2(Q2). In H’(Q) we introduce the scalar
product

(u,v); = Z (DPu, DPv)

IpI<i

and the corresponding norm

1
llullj == (u, u)}.

Let a be a linear differential operator of the form

a(z, D) := Z ay(z)DP.

[p|<m

We assume that the order m of the operator a is even: m = 2mg and
mg € N. The coefficients a, (|p| < m) of the operator a are supposed to
be real-valued C'-functions on an open set Q; with Q C Q;. By ay we mean
the characteristic polynomial of the form

ao(z, ) := Z a,(z)EP.

Ipl=m

The operator a is assumed to be uniformly elliptic on  so that there exists a
constant K > 0 such that

(=1)™ao(z,€) 2 K[¢I™

for all £ = (&,...,&,) € R™ and for every z € Q.

In what follows we shall deal with a realization A in L%(f) of the elliptic
operator a, which means that A : L*(Q2) D D(A) — L?(Q), the domain D(A)
contains the set D(Q) and for every function v € D(A) we have Au = au,






